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� Æ � ϕ(n)�S(n)  !"#$%& n ' Euler (&) Smarandache (&, *+
,)-./0 [Smarandache (&'123456'7, &889:;<, 2019, 62(2):
247–254] :=56 ϕ(n) =

∑
d |n S(d) >?@A7,  !B n = 25 ) n = 3× 25. C;

DE, F@A&GHIJ56'7, KDELEMNOIOBPQR Möbius STUV
'MWX7YZ['.
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Abstract For any positive integer n, let ϕ(n) be the Euler function and S(n) be the
Smarandache function. Bai and Liao [On the solutions for several classes of equations
related to the smarandache function, Acta Math. Sin., Chin. Series, 2019, 62(2): 247–
254] proved that the equation ϕ(n) =

∑
d |n S(d) has only two solutions: n = 25 and

n = 3 × 25. In this paper, we point out that both numbers are not solutions of the
equation, and point out that this mistake was caused by that the authors misunderstood
the Möbius inversion formula.
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1 de
��� �!"# n, Euler�# ϕ(n)�$%��� n�& n�'�!"#��#, Smaran-

dache �#�$%(� n |m! �)*�!"# m, �

S(n) = min{m ∈ N : n |m!}. (1.1)

�

F (n) =
∑
d |n

S(d). (1.2)

�� Æ
ϕ(n) = F (n), (1.3)

+ [1] �!,-".#/ A.

f] A (+ [1, �$ 1.6]) ��!"# n � Æ (1.3) 01%�& n = 25 ' n = 3 × 25.

() Smarandache �#��$ (1.1) 23* n = 25 ' n = 3 × 25 �4 Æ (1.3) �&:

F (25) = S(1) + S(2) + S(4) + S(8) + S(16) + S(32)

= 1 + 2 + 4 + 4 + 6 + 8 = 25 �= 16 = ϕ(25),

F (3 × 25) = S(1) + S(2) + S(3) + S(4) + S(6) + S(8) + S(12)

+ S(16) + S(24) + S(32) + S(48) + S(96)

= 1 + 2 + 3 + 4 + 3 + 4 + 4 + 6 + 4 + 8 + 6 + 8 = 53

�= 32 = ϕ(3 × 25),

5,, #/ A 46�".#/.

++, 2 -./7+ [1] 8�".09�:;4<=1#/ A >".2?3 Möbius 4@
5Æ.

2 ABgh
+ [3, , 7.4 -] CD/73 Möbius 4@5Æ' Möbius �#�69�Æ. E f %6�3F

�# (G�76�!"# n 16�H6I��J, 8K Smarandache �# S), F 4 f �9'�

#, G��76�!"# n 5I��J4L� f ��6MN�!"#�J:;<�.

F (n) =
∑
d |n

f(d). (2.1)

8��O=,4@�:>? ?4P, 16�@A� BL� F ��6MN�!"#�J:;<
f ��#J>? <QC8�R/> (QC�ÆCD+ [3, , 7.4 -]), 693 Möbius 4@5Æ'
Möbius �#.

Si A (+ [3, �$ 7.16]) E f %6�3F�#, F 4 f �9'�# (2.1). EF��51
!"# n,

f(n) = G(n), (2.2)
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8R
G(n) =

∑
d |n

μ(d)F
(

n

d

)(
=

∑
d |n

μ

(
n

d

)
F (d)

)
, (2.3)

S μ ?4 Möbius �#

μ(n) =

⎧⎪⎨
⎪⎩

1, n = 1;
(−1)r, n = p1p2 · · · pr, TX pi %�Y�';Z;
0, TG.

U Möbius 4@5Æ' Möbius �#�69�Æ'�$ A �=1�Æ, �VW*, ��6�
[��!"# n0, \=1

f(n0) = G(n0),

X]?!
“n0 �76�;Z n Y^ (2.1)”

8�_Z. 4�:`6a, ��6�[��!"# n0 \=1
F (n0) =

∑
d |n0

f(d),

X]?!
“n0 �76�;Z n Y^ (2.2)”

8�_Z.

+ [1] <=1#/ A >".2b%,  Æ (1.3) [\�
S(n) = H(n), (2.4)

8R
H(n) =

∑
d |n

μ(d)ϕ
(

n

d

)(
=

∑
d |n

μ

(
n

d

)
ϕ(d)

)
. (2.5)

c<] (2.1) X� f ?4 Smarandache �# S, ^ Euler �# ϕ �4 (2.1) X� F , G�
�76�!"# n 5I��J�4L� S ��6MN�!"#�J:;<�, S4d�$_�
(& S ��#J`e�a). 5, (2.5) X� H ?�4 (2.3) X� G. ��6M[��!"# n0

(8K n0 = 25 b 3× 25), fg=c1 S(n0) = H(n0), ^�ch* ϕ(n0) = F (n0), ;% n0 �d

ef;Z n g�Y^ (2.4). + [1] <=1#/ A >?�8�[\Æ (2.4) `?�chi3. 86
j=U-k� 2 �;l5m#)nop2W*:.

n 1 2 4 8 16 32

ϕ(n) 1 1 2 4 8 16

S(n) 1 2 4 4 6 8

F (n) 1 3 7 11 17 25

H(n) 1 0 1 2 4 8

q 1 25 LijrkLlmJ��nq
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n 1 2 3 4 6 8 12 16 24 32 48 96

ϕ(n) 1 1 2 2 2 4 4 8 8 16 16 32

S(n) 1 2 3 4 3 4 4 6 4 8 6 8

F (n) 1 3 4 7 9 11 17 17 26 25 37 53

H(n) 1 0 1 1 0 2 1 4 2 8 4 8

q 2 3 × 25 LijrkLlmJ��nq

U; 1 '; 2 Xost=W*, u n0 = 1 >, pkq!�_Zhi, 5, 1 4 Æ (1.3) �

& (ef&).

)vosr*, �� Æ (1.3) �&, s< 2013 wt1u"�xy.

f] B [2] ��� �!"# n,  Æ (1.3) hiu�zu n = 1.

jk vw{xyz{||�++}~�}� D.
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